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COMMENT

Comment on ‘Are physicists afraid of mathematics?’

AndrewDHigginson1 andTimWFawcett
Centre for Research in Animal Behaviour, College of Life and Environmental Sciences, University of Exeter, Exeter EX4 4QG,UK
1 Author towhomany correspondence should be addressed.

E-mail: a.higginson@exeter.ac.uk andT.W.Fawcett@exeter.ac.uk

Abstract
In 2012, we showed that the citation count for articles in ecology and evolutionary biology declines
with increasing density of equations. Kollmer et al (2015New J. Phys. 17 013036) claim this effect is an
artefact of themanner inwhichwe plotted the data. They also present citation data from Physical
Review Letters and argue, based on graphs, that citation counts are unrelated to equation density. Here
we show that both claims aremisguided.We identified the effects in biology not by visualmeans, but
using themost appropriate statistical analysis. Since Kollmer et al did not carry out any statistical
analysis, they cannot draw reliable inferences about the citation patterns in physics.We show that
when statistically analysed their data actually do provide evidence that in physics, as in biology, citation
counts are lower for articles with a high density of equations. This indicates that a negative relationship
between equation density and citationsmay extend across the breadth of the sciences, even those in
which researchers arewell accustomed tomathematical descriptions of natural phenomena.We
restate our assessment that this is a genuine problem and discuss what we think should be done
about it.

1.Mathematics plays a vital role in the sciences

Mathematical theory is an indispensable part of scientific research, capturing the essence of fundamental
physical, chemical and biological processes with greater clarity, precision, rigor, and brevity than verbal
arguments can achieve. In a range of disciplines, efficient dialogue between theoretical developments and
empirical testing is critical to driving science forwards [1–8]. Reports of a barrier to communication between
theoretical and empirical research [9–11] should therefore arouse concern.

In a recent study [12], we showed that the citation counts of articles in ecology and evolutionary biology are
negatively associatedwith the density ofmathematical equations presented in themain text. In a paper
published in theNew Journal of Physics, Kollmer et al [13]—hereafter KPG—attacked our interpretation of the
citation patterns in ecology and evolutionary biology, criticized ourmethodology and argued that there is no
evidence for a negative impact of high equation density on citation counts. Responding to our call for similar
analyses in otherfields [14], KPG also investigated the relationship between equation density and citation count
in a leadingmultidisciplinary physics journal,Physical Review Letters. As they did for the biology data, they
argued that there was no evidence for a relationship. Herewe show that the conclusions drawn byKPG are
incorrect.

2.Our original analysis is objective and valid

KPGpresent our data in alternative graphical formats (theirfigure 1) and suggest that the effect we found is
simply an artefact of howwe binned the data. This is incorrect: our conclusions were based on a formal statistical
analysis that did not involve any binning of data, but instead treated equation density as a continuous covariate.
This statistical analysis—a generalized linearmodel (GLM)with a negative binomial error function—is
appropriate for count data that are extremely over-dispersed (in this case, themost cited papers aremuchmore
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highly cited than expected from aPoisson distribution).We used binningmerely to illustrate the patterns
graphically, as a visual aid to readers’ intuition. This binningwas entirely separate fromour statistical analysis, so
the claim that this ‘strongly influences thefinal outcome of the analysis’ (p 3) is unfounded.

KPG argue that ‘the citation data is so noisy that its [sic.]not reliable for identifying unambiguous trends
capable of predicting citation success’ (p 7). Yet scientists inmany fields routinely analyse noisy data using
statisticalmodelling. In this case, the noisiness of the patterns implies that citation rates are, reassuringly,more
strongly influenced by a combination of factors other than equation density, which alone explains a relatively
small proportion of the variance—a point we emphasised in our original paper [12]. Despite incorporating all of
this noisiness, our statisticalmodels consistently revealed a significant (and sizeable)negative effect of equation
density on citation count.

KPG claim that our ‘original presentation of the dataKdisregarded completely the fact that by far the two
most cited papersK have very high equation densities and high citation counts coming fromnon-theoretical
papers’ (p 3). This is incorrect: both our graphical representations and the formal statistical analysis included all
data points, regardless of whether theywere ‘outliers’. Statistically, nothing can be reliably inferred from two
examples of heavily cited, equation-dense outliers selected from a sample of 649 articles. These two outliers have
exceptional citation counts because of factors other than equation density (e.g. exceptional scientific
importance); counts thatmay have been even higher if the papers were less equation-dense.

Finally, KPG conclude that ourfindings are ‘strongly dependent on their artificial subdivision of papers into
theoretical and non-theoretical work’ (p 6). This is not true because the effect is still present when analysing the
entire sample (22%drop in citations for each additional equation per page), without any subdivision into
theoretical and non-theoretical papers.

3. Citations in physics show anegative effect of equation density

KPGpresented data on the number of equations and citations for the set of papers published in volumes 94 and
104 of Physical Review Letters.They reported no relationship between equation density and number of citations
but they did not carry out a formal statistical analysis, so their conclusions are debatable: visual comparison of
binned data is a subjective and unreliable way to infer statistical trends in continuous data. In two of theirfigures
(figures 2(a) and (d))KPGnoted a slight decrease in citations formore equation-dense papers, but stated that
this ‘decrease is not significant because it is well within the large error bars’ (p 5). However, drawing statistical
conclusions based on error bars is fraught with difficulty [15], particularly when the error bars are descriptive
(e.g. standard deviation, as used byKPG) rather than inferential (e.g. standard error of themean, SEM, as used by
[12]) [16]. The degree of overlap between error barsmay be a useful guidewhen exploring data to assess whether
groupmeans aremore different thanwould be expected by chance [16], provided that one divides the data into
only a few groups. As continuous data is binned intomore andmore groups, error bars will tend to become
larger simply because the sample each is based on gets smaller. The size of error bars for small bins will be
‘sometimes dominated by a single high-impact paper’ (KPG, p 5), and thus the error bars become less
informative of overall trends.

To assess the effect of equation density objectively we carried out the same type of statistical analysis as in our
original paper, using the data set presented byKPG (for details see doi: 10.5281/zenodo.58792). This formal and
robust analysis shows that equation density has a statistically significant negative effect on the number of
citations, leading on average to 6% fewer citations for each additional equation per page. This effect increases to
8% for papers that have been cited fewer than 100 times each.

4.Our viewpoint has beenmisinterpreted

KPG state that theyweremotivated towrite their article by our ‘surprising attempt of blamingmathK for a lack
of success in getting citations’ (p 2). This was certainly not our intention: both of us regularly publish papers
describingmathematical and computationalmodels, sowe sincerely hope that a low citation rate for
mathematical work is not inevitable. Rather, we suggested that an immediate, pragmatic solution to this
apparent problemwould be to reduce the density of equations and add explanatory text for non-specialised
readers.We have repeatedly emphasized in our papers on this topic [12, 14] that it is equation density, not the
number of equations, that is associatedwith citation counts. Thus, we recommend that the authors of theoretical
work usemore text to explain their equations clearly.

Our suggestions for how the negative impact of equation density can be remedied are unchanged: essential
equations capturing the assumptions and structure of amodel should be presented in themain text, whereas
non-essential equations, such as those describing intermediate steps to solutions, need only be given in the
appendices. This would have the effect of reducing equation density, and allowmore space to explain the
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assumptions and implications of thework underlying the essential equations.Making such adjustments to
presentation could potentially have strong beneficial effects on citation patterns. For instance, our statistical
model predicts that, all else being equal, the 45 articles inKPG’s data that aremoderately well cited (50–100
citations) and equation dense (�2 equations per page)would have attracted an additional 476 citations (17%of
their total) if the authors had halved the density of equations in themain text.

Thefinding that the negative effect of equation density is also present in a data set fromphysics suggests that
the phenomenon is not restricted to the life sciences, but extends tofields with a traditionally greater reliance on
mathematics. The effect we foundwas considerably weaker than in a sample of papers from ecology and
evolutionary biology [12], but still sizeable and statistically significant. This suggests that the problemmay be
evenmorewidespread thanwe originally thought, perhaps affecting all disciplines that rely onmathematics to
understand natural phenomena.

Ideally, the impact of scientificwork should be determined by its scientificmerit, rather than by
presentational style. Unfortunately, it is clear that scientifically strong papersmay have reduced impact if not
presented in an accessiblemanner.We reiterate our view that all scientists aiming to communicate theory in the
most effective way should take this issue seriously, rather than claiming it does not exist.

Acknowledgments

Thisworkwas supported by a EuropeanResearchCouncil AdvancedGrant (250209) awarded toAlasdair
Houston andNERC Independent Research Fellowship (NE/L011921/1) awarded toADH.We are indebted to
the American Physical Society and Physical Review Letters for granting access to their article data and Jonathan
Kollmer, Thorsten Pöschel and JasonGallas for supplying it.

References

[1] LunneyD, Pearson JMandThibault C 2003Rev.Mod. Phys. 75 1021
[2] Marcus RA 1993Rev.Mod. Phys. 65 599
[3] DecoG, Jirsa VK, RobinsonPA, BreakspearM and FristonK 2008PLoSComput. Biol. 4 e1000092
[4] Elena S F and Froissart R 2010Philos. Trans. R. Soc. Lond.B 365 1867
[5] Kareiva P 1989Perspectives in Ecological Theory ed J Roughgarden, RMMay and SALevin (Princeton, NJ: PrincetonUniversity Press)

pp 68–88
[6] RaupachMR et al 2005Glob. Change. Biol. 11 378
[7] Cohen J E 2004PLoS Biology 2 e439
[8] ServideoMR, Brandvain Y,Dhole S, FitzpatrickC L,Goldberg E E, SternCA, vanCleve J andYehD J 2014 PLoS Biology 12 e1002017
[9] Butlin RK andTregenza T 2005 J. Evol. Biol. 18 1205
[10] Scheiner SM2005Ecol. Lett. 16 1421
[11] Haller BC 2014BioScience 64 907
[12] Fawcett TWandHigginsonAD2012Proc. Natl Acad. Sci. USA 109 11735
[13] Kollmer J E, Pöschel T andGallas J AC 2015New J. Physics 17 013036
[14] Fawcett TWandHigginsonAD2012Proc. Natl Acad. Sci. USA 109E3058
[15] Belia S, Fidler F,Williams J andCummingG 2005PsychologicalMethods 10 389
[16] CummingG, Fidler F andVauxDL 2007 J. Cell Biol. 177 7

3

New J. Phys. 18 (2016) 118003 ADHigginson andTWFawcett

http://dx.doi.org/10.1103/RevModPhys.75.1021
http://dx.doi.org/10.1103/RevModPhys.65.599
http://dx.doi.org/10.1371/journal.pcbi.1000092
http://dx.doi.org/10.1098/rstb.2010.0088
http://dx.doi.org/10.1111/j.1365-2486.2005.00917.x
http://dx.doi.org/10.1371/journal.pbio.0020439
http://dx.doi.org/10.1371/journal.pbio.1002017
http://dx.doi.org/10.1111/j.1420-9101.2004.00845.x
http://dx.doi.org/10.1111/ele.12196
http://dx.doi.org/10.1093/biosci/biu131
http://dx.doi.org/10.1073/pnas.1205259109
http://dx.doi.org/10.1088/1367-2630/17/1/013036
http://dx.doi.org/10.1073/pnas.1205259109
http://dx.doi.org/10.1037/1082-989X.10.4.389
http://dx.doi.org/10.1083/jcb.200611141

	1. Mathematics plays a vital role in the sciences
	2. Our original analysis is objective and valid
	3. Citations in physics show a negative effect of equation density
	4. Our viewpoint has been misinterpreted
	Acknowledgments
	References



